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It is known that the partial order consisting of sets of graded Betti numbers of squarefree monomial ideals with a given
Hilbert function is bounded above, and in fact, that this bound is attained by a squarefree lex ideal. (A squarefree lex
ideal is a monomial ideal which is as lex as possible, given the constraint that it be squarefree). It is also known that
a unique smallest element to this partial order need not exist. We consider the circumstances under which this might
occur. Using the simplicial structure associated to squarefree monomial ideals, we are able to give several infinite families,
some growing exponentially with dimension, of examples of partial orders without unique minimal elements. (Received
February 14, 2006)



